Theorem 1 (Dominated convergence of Lebesgue) Assume that g is an integrable func-
tion defined on the measurable set E and that ( f,,),cn 15 a sequence of measurable functions
sothat | f,| < g. If [ is a function so that f,, — f almost everywhere then

Proof: The function g — £, is non-negative and thus from Fatou lemma we have that [ (¢ —
£) <liminf [(g— f,).Since | | < gand | f,| < g the functions f and £, are integrable

and we have
fg—ff sfg—limsupffn,
ff 2limsupffn.

Ozopypa 2 (Kvprapymuévyg odyxhoyg tov Lebesgue) Eorw d71 y g efvau wa odoxdypd-
gy ovvdptyoy opiousvy aro petpyoruo ovvolo E xaw y ( f,) e Efval pie axolovbie petpsjor-
pwy auvaptioewy dote | f,| < g. Ymobérovue dr1 vmdpyer wa avvdpryoy | date y (f,) en v

reiver oryy [ ayeddy mavrov. Tore
lmfﬁzfﬁ

Anddey: H ovvaptnon g — f,, etva pn apvyrucy] xou dpa amé o Avupe tov Fatou toyder [(f —
g) <liminf [(g—£,). Enedn | £ | < gxou| £,| < go fxou f,, ebvau ohoxchnpwotpes, éxovpe

fg—ffsfg—limsupfﬁ,
ff zlimsupffn.
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