Theorem 1 (Dominated convergence of Lebesgue) Assume that g is an
integrable function defined on the measurable set E and that ( f,),cn 1S @
sequence of measurable functions so that | f,| < g. If f is a function so that
fu — f almost everywhere then

li =|f.
Jm [ =]
Proof: The function g - f,, is non-negative and thus from Fatou lemma we have

that [(g - f) < liminf [(g - f,). Since | f| < g and | f,,| < g the functions f
and f, are integrable and we have

Jg-Jf < Jg—limsupjfm

Jf > limsupan-
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Oenpnua 2 (Kuplapynuévne obyxiiong tov Lebesgue) Eotw dt n g ei-
VOl UL OAOXANPWOLUN) TUVEPTNON 0PLOUEVN OTO UeTPfolLo obvolo E xau
N ( fudnen €ivan uta ocodovdia uetprioiuwy ouvaptricewy oote | f,| < g.
Troderouue StL umdpxet uta cuvdptnon f dote n (fylpeNn VX TEIVEL OTNY

f oxebév mavrov. Téte
limen = Jf

Andéderén: H ouvdptnon g— f, eivar un apyntinn xon dpa omd to Afuua touv Fatou
woylet [(f - g) < liminf [(g- f,). Eneldh | f| < g o | fl < g o f xau fy ebvou
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Jf > limsupjfn'
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